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-MENTATIONSOF RING SPECTRA

-

OF THOM ISOMORPHISMS

IN E-COHOMOLOGY↓Mpectr#MG- E FOR "G-VECTOR BUNDLES

OMBINARYCOHOMOLOGY : MO - HR/2 "fundamental

MSO-H class "

=POLOGICAL KTHEORY :
se3

Mu-Mspin->ke = (Un)

Mspin-Ko = (kUir)
MUR-F-Pr = KR



VIDENCEFOR E VIA THOM ISOMORPHISMS

RRPA = C2-representation
complexuniversal Conjugationproperty=> Co ((9) => C2@ KLIRPa)

Ul
restricts to C & Spinkp ,a)

-
(Atyah) : G -+ Spin4p ,g) C2-equivariantTheorem

[=> KURG(X) KUr
,
G(ir
**XX) , peq mod 8.

↳ contains all Thom isomorphisms above,

2 .g. Spir(8n) < Spin(8n ,0 Ex :

KO& U(n) Spinn,m) Spinions
(Espicion)) =KOspinions(Espicion)xion)
112

C2-equivariantly KolBspul) = KO(Espucon)



#REM: (Halladay-K)] C2-Ejring spectrum

Mspiniy , Respinbordism , such that

(1) MSpin= (MSpinie)des&(2) 7 Eo-map MSpin--(MSpinie)
(3)7 CEsmaps Ml MSpini KUR

#Realspin orientation)
(1) + (3b) => MSpin- kU

(2)+ (3b) = MSpin-KO

(3a) + (3b) = MHir- KUR



PICTURE

MSpin - KO

↓ 13

(MSpin)) i)
↓ ↓

MUR-> MSpin- R



FIXEDPOINTS Of MSpInR

Recall : Spin(n) Spinin)
i
Spin&n)

(2) MSpintuMSpin
?

IwX Tres

(mspini)

[heoremHalladaynot an equivalence.



Proof of (G) uses MSOE
espira- X

resou

=> only applies tow s.t · MSpin-MSpu
preserves the A-genus (which the natural map does.

[eore(1) : (Abdallah-Halladay-K) C2-ring
spectrum M ,

s .t . Me =MSPU &( C2

↑
as spectra

Tas ring spectraM = Mspin .

IEar : (uspin) * uspi



(t): -Mackey functor Ring mapres

->
MSpi*=MSpinDay I

tr

# : I . ExeMSpine , X
+ = = res(tr(x)

bigSp
pl =.

=> x=Bini = B = - B

x = 2
=>F = nB3- y

* pr = pr+ = -B+2BV +0



*under certan conditions .

added-rotcornerSpitekli" (1) , (2) , (3))
· (3a) uses Lat (X) =X

*

X,Y
↳ nontrivial of uses that symmetre unitary
-

-
matrice have symmetre unitary square roots .

-

&mark : Spin(n) = Spn(u) YU(K) & Comea

=>Spectrum with Ca-action [Spinih
-> underlying spectrum w/ C2-action
("cofree complete") =>mspinicuspi

=> all results apply toMusphih as well .



&USTO
&

FUTURE WORKongongwithHandlea
equivalence?
: .e . is (MSpin)-> (MSpih an equivalence?

·Anderson-Brown-Peterson] 2-local equivalences
MSpin = V bo(i) vVHT2itI

MspinVkuhj]vHjeiT

Refine to MSpinin ?
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!

MSpin - KO

↳z 13

(MSpin)) i)
↓ ↓

MUR-> MSpin- > i


